In this paper, we introduce the notion of almost pretopological vector spaces and present some examples of almost pretopological vector spaces. Almost pretopological vector spaces are defined by using regular open sets and pre-open sets. The relationships of almost pretopological vector spaces with certain other types of spaces are provided. Along with some useful results, it is proved that in almost pretopological vector spaces, translation and scalar multiple of a regular open (resp. regular closed) set are pre-open (resp. pre-closed).
Introduction
The concept of topological vector spaces was first introduced and studied by Kolmogroff [1] in 1934. Due to nice properties, the notion earns a great importance in fixed point theory, operator theory and various other advanced branches of Mathematics. In 2015, M. Khan et al. [2] introduced the notion of s-topological vector spaces which is a generalization of topological vector spaces.
Later, in 2016, M. Khan and M.A. Iqbal [3] introduced and studied another class of spaces called irresolute topological vector spaces which is contained in the class of s-topological vector spaces but independent of topological vector spaces.
Ibrahim [4] initiated the study of α-topological vector spaces.
The purpose of the present paper is to introduce a new class of spaces, namely almost pretopological vector spaces. These spaces are defined by using regular ( ) Int A respectively. The notation  (resp.  ) represents the set of real numbers (resp. the set of complex numbers) and  (resp. η) represents negligibly small positive number. [7] if for each ∈ A, there exists a regular open set U in X such that x U A ∈ ⊆ .
The complement of a regular open (resp. pre-open, semi-open, δ-open) set is called regular closed (resp. pre-closed, semi-closed, δ-closed [7] ). The intersection of all pre-closed (resp. δ-closed) sets containing a subset A of X is called the pre-closure (resp. δ-closure) of A and is denoted by ( )
The family of all regular open (resp. pre-open, pre-closed) sets in X is denoted by RO(X) (resp. PO(X), PC(X)). 
Almost Pretopological Vector Spaces
In this section, we define almost pretopological vector spaces and investigate their relationships with certain other types of spaces. Some general properties of almost pretopological vector spaces are also discussed. 
Case (IV). If 0 λ = and 0 x < , (resp. 0 λ < and 0 x = ). Then, for the selection of pre-open sets ( )
This proves that the pair 
for each non-zero scalar λ . for each x E ∈ .
Proof. (i) Let
(ii)
( )
A PC E λ ∈ for each non-zero scalar λ . Theorem 3.2. Let F be any δ-closed subset of an almost pretopological vector space E. Then the following are valid:
for each x E ∈ .
(ii) 
Hence the assertion follows.
Corollary 3.2.1. Let F be any δ-closed subset of an almost pretopological vector space E. Then the following are valid:
Since W is open, ( ) Theorem 3.7. Let A be any subset of an almost pretopological vector space E. Then the following assertions are true:
. Thereby the assertion follows.
Theorem 3.8. For any open subset A of an almost pretopological vector space E, the following are true:
(ii) Let 
